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Use of Analytical Performance Models
for System Sizing and Resource Allocation
In Interactive Video-on-Demand Systems
Employing Data Sharing Technigues

Mary Y.Y. Leung, John C.S. Lui, Member, IEEE, and Leana Golubchik, Member, IEEE

Abstract BIn designing cost-effective video-on-demand (VOD) servers, efficient resource management and proper system sizing are
of great importance. In addition to large storage and I/O bandwidth requirements, support of interactive VCR functionality imposes
additional resource requirements on the VOD system in terms of storage space, as well as disk and network bandwidth. Previous
works have used 2data sharing® techniques (such as batching, buffering, and adaptive piggybacking) to reduce the I/O demand on the
storage server. However, such data sharing techniques complicate the provision of VCR functions and diminish the amount of benefit
that can be obtained from data sharing techniques. The main contribution of this paper is a simple, yet powerful, analytical modeling
approach which allows for analysis, system sizing, resource allocation, and parameter setting for a fairly general class of 2data sharing®
techniques which are used in conjunction with the providing of VCR-type functionality. Using this mathematical model, we can
determine the proper amount of resources to be allocated for normal playback as well as for service of VCR functionality requests while
satisfying predefined system performance requirements. To illustrate the usefulness of our model, we focus on a specific data sharing
scheme which combines the use of batching, buffering, and adaptive piggybacking, as well as allows for the use of VCR functions. We
show how to utilize this mathematical model for system sizing and resource allocation purposesb that is, how to distribute the available
resources between the service of normal playback and VCR functionality requests under various workloads and resource price ratios,

S0 as to obtain the lowest system cost.

Index TermsbVideo-o n-demand, data sharing techniques, resource allocation, system sizing.
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1 INTRODUCTION

A DVANC Esin information and communication technolo-
gies have made multimedia services feasible. Among
these services, interactive TV and video-on-demand (VOD)
have beenidentified astwo important applications [8]. In a
VOD system, video objects are stored on a storage server
and delivered to users upon request. Unlike textual data,
video objects occupy large amounts of storage space and
require large amounts of /O bandwidth for real-time
delivery. Thus, upon admission of a user, sufficient
amounts of resources have to be reserved in order to
provide an acceptable level of service to viewers. A
significant amount of research effort has been dedicated
to designing a fault-tolerant VOD server, as well as
investigating techniques for the efficient use of resources
in VOD servers [7], [11], [14], [19], so that the amount of
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resources needed to satisfy predefined performance mea-
sures can be reduced. For a survey of such approaches,
please refer to [9].

Several techniques have been proposed for increasing
the number of concurrent viewers of popularobjectsthrough
the sharingof dataand, consequently, the sharing of system
resources, such as I/0 bandwidth and buffer space. One
such technique is batching (e.g.,asin [6]), in which one I/O
stream is dedicated to servicing several viewers, for
instance, those that arrived within a predefined and
relatively short time interval. As long asviewers are willing
to wait for a small amount of time, where the maximum
waiting time is the length of this time interval, all requests
for the same object arriving within the time interval can be
serviced using one /O stream, thereby reducing the overall
amount of I/O bandwidth necessary.Another technique for
reducing the amount of needed I/O bandwidth is buffering
(e.g., as in [22]), where careful buffer replacement algo-
rithms insure that viewers can fetch the needed data blocks
from the VOD system buffers instead of from the disk
subsystem. Last, the adaptive piggybacking method [10]
takes advantage of the fact that video display rates can be
modified (without the user noticing the change in video
quality) in order to dynamicallymerge ongoing displays of a
popular objectinto a single group which can be served by
one /O stream, thereby reducing the overall I/O band-
width requirements. In general, the basic idea behind these
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approachesis to group usersrequesting the same object, so
asto increasethe degree of datasharingand, thereby, reduce
the overall system I/O bandwidth demand.

Apart from normal playback, it is also desirable to
provide interactive VCR functions, such as fast forward
with viewing (FF), rewind with viewing (RW), and pause/
resume (PAU). Part of the difficulty here is that the
provision of VCR functions often requires additional system
resources and it is usually not desirable to reserve such
resourcesfor eachrequestin the system since VCR resource
reservation on a per-request basis may be utilized infre-
quently and, hence, these resources will not be utilized
efficiently. There are various schemesin the literature for
supporting interactive VCR functions in VOD systems, for
instance, [3], [13], [15]. However, among all these ap-
proaches,few have addressed the problem of incorporating
VCR functionality in a system which uses data sharing
techniques for the service of normal playback requests.

The basic problem with combining VCR type function-
ality with data sharing techniques is as follows: All data
sharing techniques (such as batching, buffering, and
adaptive piggybacking) improve the cost-effectivenessof a
VOD system by serving groups of clients requesting the
samevideo with asingle setof resources.However, they all
suffer from the problem of whereto obtain resourceswhen
one of the viewers in a group requests a VCR-type
functionality and, thus, is no longer part of the data sharing
group since, in this case, resources are not reserved on a
per-client basis but only on a per-group basis. Even if some
resources are reserved for performing VCR-type functions,
another problem (and perhaps a more difficult one) is
where does the system obtain resourcesfor a viewer that is
ready to go back to the normal playback but is holongerpart
of a group. We refer to such viewer as a fallen out viewer.

The basic approaches to dealing with this problem
include: 1) combining data sharing techniques (such as
batching and buffering) in order to increasethe probability
that a client that left a group to perform VCR-type
functionality will rejoin another group once they are ready
to return to normal playback (e.g., as in [18], [17]) and
2) setting aside a relatively small pool of resources to
provide for clients who need to perform VCR-type
functionality (e.g.,asin [13], [2]) and/or for those that are
not able to rejoin another group. Once these basic
approaches are employed, the main difficulty is in the
setting of parameters, i.e., determining: a) the size of the
pool of resources (for VCR-type functionality), b) the
batching interval (or the number of /O streams) to use
per video object, c) the amount of buffer spaceto use per
video object (or per group), etc.,such that the probability of
allowing VCR-type functionality and the cost-effectiveness
of the whole system (given some QoS requirements) are
optimized.

Related work on allowing usersin a data sharing group
to perform VCR functionality is as follows: In [25], the
authors propose a method for allowing users in a data
sharing group to pause and eventually resume back to
normal playback. This method usesadditional buffer space
resources to gain improvements in the amount of /O
bandwidth needed to support pause/resume of batched
requests. In [2], the authors propose a schemefor providing

IEEE TRANSACTIONS ON KNOWLEDGE AND DATA ENGINEERING, VOL. XXX, NO. XX, XXXXXXX 2001

interactive functionality to different multicast groups (each
multicast group can be viewed as a batch group). The main
idea there is to utilize the client-side resources,i.e., provide
enough buffer space in the viewer's set-top box in
conjunction with reserving some emergency channels in
the network during high loads such that the system is able
to service an interactive request by a viewer with a
reasonably high probability. In [18], the authors propose a
protocol which splits an interactive user from a batch and
serves the user using a dedicated I/ O stream. This
interactive viewer is then 2attached® back to a batch of
requests by using additional buffer spaceneeded to bridge
the gap between a batched group and this interactive
stream. However, none of the approaches mentioned above
[2], [18], [25] solve the problem of system sizing, i.e., how
one should set design parameters and, hence, allocate
different resources to different types of display modes
(either normal or interactive) so asto provide a certain level
of QoSand, at the sametime, reduce the overall system cost.

The contributions of this paper are as follows: The main
contribution is our analytical model which is used for
system sizing and for determining the amount of resources
needed for supporting normal playback and VCR function-
ality, while satisfying predefined system performance
requirements. This model allows us to maximize the
benefits of data sharing techniques in the presence of
interactive VCR functions. Consequently, our paper uses
the analytical model for systemsizing purposes in interactive
VOD systems using data sharing techniques. Specifically,
we divide the overall resources into those required for
normal playback and those required for the service of a
VCR request. The goal is to reduce the probability of
viewers 2falling out® of a group (after resuming to normal
playback), thereby increasing the benefits of data sharing,
but without significantly increasing the system costs. We
use our model to calculate the amount of resourcesrequired
for normal playback such that, upon resumption to normal
playback, additional resources(which were dedicated to the
VCR function) can be released with a prespecified prob-
ability, which reflects the system's QoS requirements. To
further increase this probability, we use the adaptive
piggybacking technique to facilitate the joining of an
existing group by the fallen out viewers. Hence, although a
fallen out viewer may have to hold on to additi onal
resourcesto resume normal playback, we attempt to reduce
this resource holding time. All this implies that the total
amount of resources reserved for service of VCR requests
can be reduced. Thus, another contribution of our work is a
novel data sharing technique that combines batching,
buffering, and adaptive piggybacking in order to improve
the cost-effectivenessof an interactive VOD system.

The organization of the paper is as follows: In Section 2,
we present the background information and a brief survey
of batching, buffering, and adaptive piggybacking techni-
gues.In Section3, we describe our system and introduce the
model for VCR display. In Sections4 and 5, we continue
with the exposition of our analytical model and describe
details of resource allocation for normal playback, aswell as
VCR modes. In Section 6, we describe how to apply our
model to solving system sizing problems in interactive VOD
servers which employ data sharing techniques. Last, our
conclusions are given in Section 7.
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2 BACKGROUND ON DATA SHARING

AND VCR SUPPORT

In this section, we briefly describe several basic approaches
to reducing I/O demand on a VOD server through data
sharing. Note that thesetechniques are orthogonal, i.e., they
can be combined in order to better utilize the I/O resources
in a VOD system. Last, we also briefly survey several
approaches to providing VCR functionality in conjunction
with data sharing schemes.

1.

Data sharing via batching (e.g.,asin [6]). One way
to satisfy independent playback requests is to
dedicate an I/0 stream to each request. However,
this (potentially) requires a large number of I/O

streams. Given that there will be a relatively large
number of requestsfor popular videos, we can batch
together requests separated by relatively small time
intervals and serve the entire batched group using a
single I/O stream. As long asthe viewers are willing

to tolerate a certain latency, batching can help to
achieve a substantial reduction in the required
server |/ O bandwidth capacity. However, this
reduction in 1/0O streams will increase the waiting

time of the viewers, thus, the trade-off is between the
/0O bandwidth utilization and the waiting time of
viewers. There are many batching policies that one
can consider. One simple approach is to start the
video periodically at predetermined time intervals.
In this case,we can easily evaluate the saving in 1/O

bandwidth. For instance, if is the average arrival

rate of requests for a particular video and b is the
batching time interval for that video, then the
average fraction of 1/0 savings is %r provided

b> 1

Data sharing via buffering (e.g.,asin [5], [12], [20],
[23]). Buffering is a technique which attempts to
bridge the temporal gap between 2sufficiently close®
successiverequests for the same video using buffer
space.This is achieved by retaining the video frames
fetched by the previous stream in the buffer space
and allowing streams corresponding to subsequent
requests for the same video to be served from the
buffer spacerather than by using an I/O stream. The
basic idea is to use buffer space to promote data
sharing and, hence, reduce the demand for 1/O

bandwidth. Since even retaining a few minutes of
the video in the buffer is costly, it is important to
determine proper buffer replacement algorithms.
There are several existing researchresults for the use
of buffering techniques. In [5], [12], [20], [23], the
authors explore the benefits of caching continuous
media data to reduce the utilization of I/O band-
width. By making efficient use of the data already
fetched into the buffer space, the number of
concurrent viewers can be increased. In addition,

in [4], the cost-performance trade-offs of various
buffering and caching strategies is studied by
varying the buffer size, disk utilization, and disk
characteristics.

Data sharing via adaptive piggybacking (e.g., as
in [1], [10]). Adaptive piggybacking exploits the

fact that video display rates can be altered without
a user-perceived loss in the quality of that video,
to 2merge® requests for the same video and, thus,
allow the corresponding viewers to share a single
I/O stream, thereby dynamically reducing the I/O
demand on the VOD system. Although the
reduction in I/O demand is not as high as that
of 2traditional® batching, the advantage is that
viewers do not experience the additional latency
associated with batching nor is there a need for
additional buffer space required by buffering
techniques. This approach assumesthat the storage
server is capable of altering the display rate of a
video. For instance, since the display proceeds at a
fixed rate, the slow down in the effectivedisplay
rate can be done by inserting additional frames;
similarly, the display rate can be effectivelyincreased
by removing frames. It has been pointed out that
differences aslarge as 5 percentin the display rates
will not be perceivable by the viewers and, thus, will
not result in a degradation in video quality [10].
Thus, the basic idea behind this approach is to
dynamically merge two (or more) 1/O streams into
one. Justifications of the feasibility and evidence of
the benefits of this approach are given in [10].

As already mentioned, these basic data sharing
techniques are orthogonal and can be combined into
a variety of data sharing policies. As an example of
one combination of batching and buffering, we now
briefly describe the static partitioning scheme pro-
posedin [22]. Here, we choosethis particular scheme
asthis is our point of departure for the remainder of
the paper.

Data sharing via static partitioning (e.g.,asin [22],
[17]). Static partitioning is one of the partitioned

buffer management strategies proposed in [22],
which combines the use of batching and buffering

and is developed based on a buffer refreshing
process. This method is similar to batching schemes
in which an I/O stream for a particular video is
restarted periodically at predefined time intervals. In

addition, some amount of buffer space, termed a
partition, is associated with each of these I/ O
streams. This allocated buffer space allows for the
retaining of the video frames in memory for a certain
period of time, which is termed the viewerenroliment
window. Thus, this scheme allows for the sharing of
data between requests which arrive during the
viewer enrollment window; these requests are
served using a single set of resources, i.e., a single
I/0 stream [6] plus the buffer spaceassociatedwith

it. This facilitates a reduction in the additional

latency associated with 2pure® batching at the cost
of additional buffer space.Fig. lillustrates a scenario
for the static partitioning scheme,where each batch
of viewers is served using an I/O stream and a
partition of buffer space.Viewers that arrive before
the closing of the viewer enrollment window read
the frames from the buffer partition (we call these
type 2 viewers). Viewers that arrive after the
window is closed (we call these type 1 viewers) are
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Fig. 1. Different types of viewers in static partitioning.

queued up to wait for the next restart of the video.
The longest time a viewer has to wait occurs when
he/ she arrives just after the viewer enrollment
window is closed. In this case,the maximum waiting
time equals the batching interval b (the interval
between initiations of two consecutive I/O streams)
minus the length of the viewer enrollment window .
An interesting approach which provides an optimal
value of the viewer enrollment window when VCR
functionality is not used is given in [23].

Let us briefly survey schemesfor combining data
sharing techniques with VCR functionalities.

5. Data-sharing with VCR support (e.g.,asin [25], [2],
[18]). In [25], the authors propose a method for
allowing users in a data sharing group to perform
pause/resume type functionality only. This method
uses additional buffer space resources to gain
improvements in the amount of 1/O bandwidth
needed to support pause/resume functionality for
batched requests. In [2], the authors propose a
scheme for providing interactive functionalities to
different multicast groups, where the basic techni-
que is to utilize client-side resources,i.e., to provide
buffer spacein the viewer's set-top box in conjunc-
tion with reserving some emergency channelsin the
network during high loads such that the system is
able to service an interactive request by a viewer
with a reasonably high probability. In [18], the
authors propose a protocol which 2splits® an
interactive user from a batch and serves him/her
by using a dedicated I/O stream. This interactive
viewer is then 2attached® back to a batch of requests
by using additional buffer space needed to bridge
the temporal gap between a batched group and this
interactive stream. We should note that part of the
motivation for us considering the addition of the
adaptive piggybacking scheme to the set of data
sharing techniques used (refer to Section5) is to be
able to deallocate such additional resources (i.e.,
such as those used to aid a viewer in joining an
existing batch) before the user exits the system
and, thereby, improves the cost-effectivenessof the
system. Most of these approaches mentioned are
evaluated through extensive simulationsto cover a
wide range of possible design parameters. Thus,
partly what is desirable here is a better methodol-
ogy for making design decisions and evaluating
resulting schemes.

3 SysTeEM MODEL

For easeof exposition as well as easeof illustration of the
mathematical model, we focus on the partitioned buffer
management strategy termed static partitioning [22] as a
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specific combination of data sharing techniques. The static
partitioning scheme, proposed in [22], addresses normal
playback functionality only. However, VCR functions such
as fast-forward (FF), rewind (RW), and pause (PAU) are
important and necessary features, which need to be
provided to the viewers. A fundamental problem in
providing such interactive features in conjunction with
data sharing techniques is the need for additional resources
not only for servicing VCR requests, but also for allowing
viewers to resume from a VCR mode to normal playback.
The difficulty here is that, at this resume point, viewers are
no longer part of a group of requests sharing the /0 and
buffer spaceresources,i.e., the resourcesare reserved on a
per-group rather than per-viewer basis. In this paper, we
present a model which facilitates the calculation of
distribution of resources between normal playback and
VCR functionality, so as to reduce the additional load
resulting from the users resuming from a VCR operation to
normal playback. In addition, this model aids in making
system sizing decisions, such that the overall cost-effective-
ness of the system can be improved.

3.1 VCR Functional ity

The service of VCR requests can be divided
following two phases.

Phase 1. Displaying the VCR-version of the video.
When a viewer issuesa VCR requests, other than a pause,
additional resourceshave to be allocated so that the viewer
can watch the VCR-version of the video. Let \cr denote
the mean time spent in phase 1.

Phase 2. Resuming to normal playback. When resuming
from a VCR operation to normal playback, the possibility of
releasing the resourcesallocated during Phasel depends on
the time point in the video at which the viewer resumes. If
the frames the viewer needsare already in the VOD system
buffer when the viewer resumes, i.e., in one of the existing
partitions, then the viewer can read the data directly from
the partition in which he/she resumes. In this case, the
viewer is said to join that partition, and the resources
allocated in Phase 1 can be released. We denote the
probability of a viewer resuming from a VCR operation at
an existingpartitions by P . On the other hand, if the viewer
cannot resume at any of the existing partitions, then to
continue normal playback without any delay, the viewer
has to make use of the resourcesallocated in Phasel until a
viewer can join an existing partition (if that is possible).
Thus, a viewer is said to have a hit if he/she can join an
existing partition when resuming to normal playback after a
VCR request, such that additional resources allocated to
that viewer in Phase 1 can be released in Phase 2.
Otherwise, the viewer is said to have a miss if he/she

into the
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Fig. 2. Hits and misses for viewers resuming from VCR requests.

viewer

resumesat a gapbetween partitions. The hit and miss events
and their corresponding probabilities are illustrated in
Fig. 2. Let g denote the mean time before the resources
allocated in Phase 1 can be released. In this paper, the
allocation of resources for normal playback ensures that
there is a minimum probability of P for the viewers to
resume at an existing partition after a VCR request.
Therefore, with the probability of .1y P f, the viewer must
hold on to the resourcesintended for VCR requests when
he/she resumes.Thus, the expectedtime spentin Phase2 is
given by .1y P T 0.

3.2 Normal Playback

As already stated, the allocation of resourcesin Phasel of
performing a VCR operation is usually inevitable. On the
other hand, whether or not these allocated resourcescan be
released depends on the resuming position of the viewer.
Therefore, our goal is to maximize the probability of
releasing the allocated resources at a resume point so as
to reduce the consumption of reserved resources. Conse-
qguently, more resourceswill be available for serving future
requests, such as forthcoming VCR requests or even
requests for nonpopular videos. Clearly, the size and the
number of partitions used for servicing normal playback,
together with the duration of VCR requests will greatly
affect the probability of resuming at an existing partition.
The normal playback scheme, derived based on the static
partitioning technique, is used to calculate the amount of
resources allocated to each video so as to ensure the
following: Whenaviewerresumedrom aVCR requestthereis a
probabilityof at leastP that the additionalresourcesllocatedn
Phasel canbedeallocatedn Phase2.

Sinceour goal is to maximize the probability of a hit, it is
natural to consider the behavior of VCR requestsin determin-
ing the configurationof the system, i.e, in determining how
much buffer resourcesand 1/O streamsshould bereservedfor
normal playback. We study the behavior of each VCR
operation as a function of its respective probability density
function (pdf), f .x1, where x isthe amount of video time spent
in aVCRrequest. The pdf of VCR requestscanbe obtained by
collecting statistics and is defined in the interval %;1Swhere |
is the length of the video (in units of time). Note that apauseof
X time units where x > | is equivalent to a pause of x mod|
time units, e.g.,the situation where |~ 120minutes and x *
130 minutes is equivalent to pausing for 10 minutes since a
video is restarted periodically.

Based on the distribution of the duration of VCR
requests, we perform resource allocation for normal play-
backs such that the probability of holding on to the
resources upon resume can be minimized. This resource
allocation is calculated based on the mathematical model
we propose, which is presented in Section4. In this model,
we assumethat the arrivals of requests for a popular video
are distributed according to a Poisson process with rate

This is a reasonable model of the arrival process since we
expect the VOD system to have a large user population.
Based on the above principles, we determine the expected
hit probability upon resume to normal playback under
various system configurations. Intuitively, increasing the
size of the partitions will increase the hit probability
becausethe fraction of a video residing in buffers can be
increased. Consider the extreme casewhere the entire video
is buffered, thus increasing the hit probability to 1.
However, this may not yield a system with the lowest
operating cost if relatively little time is spent in a VCR
request, in which case,buffering the entire video would be
too costly. Therefore, we use our model to determine a
aconfiguration® which yields the lowest cost for supporting
a given number of concurrent viewers for both normal
playback and VCR functions.

3.3 Model for VCR Disp lay

In this paper, we model the additional 1/O resources
needed for VCR functionality by an M =M=m queue, so asto
provide VCR service with a predefined level of QoS
guarantee. For instance, we could ensure that the average
time that a viewer hasto wait to switch to VCR mode is less
than three seconds. The details of QoS guarantees are
presented at the end of this section. The notation related to
normal and VCR control is summarized in Table 1. For
simplicity of presentation, let us concentrate on the
derivation of resource distribution basedon a single video.
We assume the arrival rate of VCR requests to be Poisson
with arate of ycgr per minute for eachviewer, i.e., if, on the
average,a viewer issuesz VCR requests per video of length
| minutes, we have:

ver | z=l: At

TABLE 1
Major Notations Involved in VCR Model
and Normal Playback Model

Notation ‘ Definition

m no. of 1/0O streams for servicing VCR requests
Ay Lotal arrival rate of VCR requests

HVCR mean time spent in phase 1 of VCR [unctlions
Hhold mean time spent in phase 2 of VCR functions
Ly mean time spent in utilizing VCR resources
pP* Probability of hit upon resume

B Buffer reserved for playback (mins)

n no. of 1/0 streams for normal playback

l length of a movie (mins)

w maximum waiting time for starting a movie
A arrival rate of normal playback requests

Rpp Rate of fast forward

Rpw Rate of rewind

Rpp Rate of normal playback
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Fig. 3. Scenarios for catching up to viewers (a) in front (b) behind.

Since we assumed that the arrival rate of the normal
playback follows the Poissondistribution of rate , the total
arrival rate of VCR requeststo the VOD system, , is given
by | vcr. Using (1), we have " z. The time spent in
utilizing the serversin the M =M=m queue corresponds to
the time spent by the viewers utilizing additional resources
for servicing VCR requests and for continuing normal
playback (in caseof a miss) before theseviewers can join an
existing partition. It is assumed to be exponentially
distributed with mean . As mentioned in Section 3.1, a
VCR function is a two-phase process. Therefore,  is
calculated by summing up the mean time spent in each
phase:

v vert .1y P T ot .2t

To simplify the calculation of the averagetime for releasing
the hold on resources, noqg, We also assume that each
position of the video has the same probability to be the
point of resume. We obtain the probability of queuing
(Prob%ueueingd, the expected queue length (Ng) and the
expected waiting time for service (Tg) as follows:

Prob%ueueings
.m 1"
omr e af
”'mel.m1k¢ mt
K0 K m y
N
‘0 " 1
.mm! ﬁ ig- At
' "—' l _lk _lJn T 1
1y rkT]yo mk! + n:nil ﬁ
Tq~ Ng= v; .ot

where v v=m. In applying the above results of the
M =M=m queue in calculating the additional I/O resources
needed, we have to ensure that the service performance of
handling VCR requests reachesa certain satisfactory level.
In other words, when the viewer issuesa FF/RW request or
when he/she resumes from any VCR request, it is not
desirable if the viewer has to wait for a long time for the
display of the VCR-version of the video or for normal
playback to resume. Therefore, one of the following
performance levels has to be satisfied. They are:

1. When the viewer issues a VCR request, the prob-
ability that a viewer hasto wait for the VCR request
to be serviced must not be greater than
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2. If the viewer hasto wait, we ensure that the expected
waiting time is within the tolerance level of the
viewers, t .

3. The average number of viewers waiting for their
VCR requeststo be serviced is no more than | .

Given (3), (4), and (5), the above three performance
requirements can be formulated using the following
equations:

Prob%ueueind ; .61
Tq t; It
Ng |I: .8t

These three inequalities will ensure that the system
provides service at a predefined performance level. Note
that the system utilization is must be lessthan 1, therefore
the smallest possible value of misb , \cf 1. To determine
the number of servers needed to ensure a performance
level, the value of m is incremented until one of the above
three inequalities is satisfied.

4 RESOURCE ALLOCATION
FOR NORMAL PLAYBACK

In this section, we present the derivation of our model for
determining the configuration of the system for normal
playback. Specifically, we want to determine the allocation
of resourceswhich, under various VCR operations (e.g.,FF,
RW, PAU), will insure the probability of a viewer resuming
from a VCR request at any existing partitions to be greater
than or equal to P , where P is a given system design
parameter.

To maintain the I/O reduction benefit of the data sharing
technique, we use the adaptive piggybacking with buffering
techniques to join a fallen out viewer with an existing
partition. Let us first describe the criteria for one stream to
catchup with another (for simplicity of illustration, we will
use streams rather than partitions). An example situation is
illustrated in Fig. 3a. We denote Rgg as the rate of fast
forwarding and Rpg as the rate of normal playback.
Suppose viewers X and Y are viewing the movie at a rate
of Rgr and Rpg, respectively, and X lags behind Y by

minutes (in movie time). SinceRgk is greater than Rpg, X
will eventually catch up with Y at the catch-up point,
denoted by a crossin the figure. Similarly, Fig. 3billustrates
a scenario where viewer Y rewinds to catch up with viewer
X. Thus, the amount of movie time, t, through which
viewer X must fast-forward (or viewer Y must rewind)
before a catch-up is accomplished is as follows:
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( .
;. where = RF; for fast forward
t° FFY Rpp 9.1.
- where "~ R __ for rewind:
Reet Rrw

In what follows, we derive the buffer and I/O resource
requirements for normal playback under static partitioning.
After formulating the problem, we present the derivation of
our mathematical model for predicting the probability of
deallocating an 1/0O resource upon a resume from a VCR
operation (which will be used later in the paper for system
sizing). This probability is derived by first considering the
conditional probability of a hit for a viewer at a particular
point in the movie, which is unconditioned to obtain the
general probability of a hit for any type of a VCR request.
The notations used are summarized in Table 1.

4.1 Mathematical Model

The static partitioning model adopts the idea of batching
requests for a popular movie such that 1/0O streams are
initiated periodically. If n is the number of 1/O streams
that are available, then for a movie with a length of
| minutes, one way to guarantee that the viewers have the
same maximum waiting time is to start the movie every
I=n minutes. Assume that the total amount of buffers
allocated for normal playback for a popular movie can
store B® minutes of the movie. Then, the size of each
partition is B%n, and, in the worst case,a viewer arriving
at the closing of the viewer enrollment window has to
wait for the next restart of the movie. The length of the
viewer enrollment window is equal to B&ny , where

is the reserved amount of buffer space,which insures that
when the first viewer in a partition replaces the frames in
the buffer, the system will not overwrite the frames not
yet viewed by the last viewer in the same partition [22].
Thus, the maximum waiting time, w, is equivalent to the

gap between partitions, which is equal to U'nioi . Let
B~ B% n , then we have:
Iy B I
w’” y—; wheren”™ 1;2;...;—: .10t
w
Note that n~ vlv would imply that B~ 0, which corre-

sponds to the pure I1/O or pure batching case,where each
batch is served by a single 1/0O stream. However, in this
case,the hit probability is always equal to zero (unless n is
infinitely large). Rearranging the above equation gives n,
the number of /O streams neededis Ly B where B 1.

The difference between using buffering in conjunction
with batching and pure batching lies in the amount of 1/0
and buffer resources required.! When we dedicate
B minutes worth of buffer spacefor normal playback, then
we can save% I/0 streams which can be used to service
VCR requests or requests for other movies, where we
consider using w minutes of buffer space as a tradeoff for
one /O stream.

1. We will consider the pure buffering in the later section of the paper.

% %

L

Fig. 4. Relative positions of viewers at V,, V;, and V; in a partition.

A2

le— <
a—n <

| B/

(1-B’)n

B’/n

Let \V; denote the position of our tagged viewer currently
viewing the V" frame?® of the movie. Furthermore, the
positions of the first and the last viewer that can exist in a
partition are denoted by V; and V,, respectively. Thesetwo
viewers may be virtual, in the sensethat there not be any
actual viewers viewing the V" and V" frame of the movie,
yet they are the two extreme positions in the partition in
which aviewer can possibly exist. The maximum difference
(in time units) between these two extreme viewers is B=n,
which is illustrated in Fig. 4. The idea behind this model
formulation is to determine the probability of a hit when a
viewer resumes from a VCR request. We define
P.hitjVg; Vi T be the conditional probability of a hit given
that a viewer is at position V,; and that the first possible
viewer in the same partition is at position V;. Among the
three types of VCR requests (FF, RW, and PAU), let us first
consider the FF operation.

In order to determine P.hitjV.; Vst given that the VCR
function is FF, we need to know the probability density
function (pdf) of the duration of a FF request. The main
difficulty in handling VCR requests lies in their inherently
nondeterministic nature [13], where the retrieval pattern is
not known. Rather than assuming a particular distribution,
we allow a general distribution in our model and we let the
pdf of the duration of FF requests be denoted by f.xT,
where x 2 %;1S Note that, our goal is not to obtain the exact
distribution or model for VCR behavior, but rather we
assume that the VCR behavior has a general distribution
and construct a model which is able to handle a general
probability distribution and, thus, not be limited by any
particular distribution. Given this general probability
distribution, f.x1, we derive the probability of a hit. We
subdivide a hit into the following two mutually exclusive
cases: 1) a hit within the same partition i.e, within the
partition in which the VCR operation is initiated and 2) a hit
in another partitions.

4.1.1 Hits Occurring within the 2Same® Partition (hit )

The event hit,, occurs if a viewer can resume in the same
partition in which the VCR request is issued. Our aim is to
calculate the probability of a hit,, when a viewer resumes
from any VCR request, denoted by P.hit,T. We begin by
considering the FF situation. The longest fast forward
duration which can still result in a hit,, is the distance
between the viewer, V,, and the first possible viewer in his/
her partition. This is illustrated in Fig. 5a in which the
viewer must resume in the shaded region of the partition.
The probability of a hity, given that: 1) the viewer is at

2. Note that we model the movie as a continuou s segment. We use the
term frame for easeof exposition.
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(@)

hit,
Vi [ Ve Vi Ve
-

Fig. 5. Two cases of hit, for viewer \: (a) catching up with all viwers ahead in the same partition and (b) catching up with viewers between V, and \;
for Vi < V. $ B.

position V,, 2) the first viewer is at position V;, and 3) the
requested VCR function is FF is as follows:

P.hitjFF;V; Vet~

z

f.xfdx where "~ Vty V.
0

and the upper limit is the time to enable a catch-up, as
defined in (9). The remainder of this section is dedicated to
determining how to uncondition on V; and V, so as to
obtain P.hit,jFF 1, which is the expected probability of a
hit within the same partition after a viewer resumesfrom a
FF request.

1.

Unconditioning on V;. Recall that V; is the
position of the first possible viewer that can exist
in the same partition as the viewer at position V.
Thus, we can uncondition on V; with respectto V.
Since V, can be any position within the partition, it
can range from being the position of the first
viewer in the partition (in which case Vt = V) to
being the position of the last viewer in the
partition (in which caseV; ~ V¢t &).

Note that there are boundary caseswhere the
viewer at position V; may not be able to catch up
with all the possible viewers ahead of him in the
same partition. As shown in (9), the time t, elapsed
before a catch-up is accomplished, is equal to the
initial distance, ,times a constant greater than 1. If
the catch up point is after the end of the movie, or
V. 1 t > [, then the viewer at position V. cannot catch
up with the target viewer beforehe movieends Thus,
we divide the unconditioning of V; into two cases.

CaseA. ViewerV, canaccomplista catch-upwith all
possiblgositionsof thefirst viewerin the samepartition,
i.e.,thelargestvalueof V; is equalto Vo 2.

In this case, even if V. corresponds to the last
possible viewer, he/she will be able to catch up with
the first possible viewer, who is & units of time
ahead, before the movie ends. Thus, V; ranges from
Ve to Ve 1 B, and clearly, we have:

Z Vet
Pa.hit wjF F; Vct" P.hitwjFF; Ve, Vs 1P .\ Td V4
Vi~ Ve

A2t

where P.\; Tis the probability that the first viewer,
who is in the same partition as V,, is at the Vfth
minute of the movie. Here, we approximated P.\;t
to be equal to B—in. Note that, this quantity is only an

approximation since those viewers who arrive
before the next restart of the movie all become@part
of° the first viewer of the partition. Another reason
why this is an approximation is that after viewers
have resumed from VCR requests, the position of
viewers may not be uniformly distributed within a
partition. Nevertheless, we will show in a later
section that results obtained using our mathematical
model match well with those obtained through
simulation.

Case B. Viewer V, cannotcatchup with the farthest
possibleposition of the first viewerin the samepartition,
i.e.,thelargestvalueof V; that theviewercancatchup to
is equalto F ¥ Ve

In this case, we need to handle the boundary
condition which ensures that V. £t Ibthat is, a
catch-up to some viewers within the same parti-
tion is still possible before the end of the movie. In
other words, consider the scenario where, given a
viewer at position V., there exists a viewer at
position V;, (where V; V) such that when the
former viewer catches up to the latter, both
viewers are at the Ith minute of the movie. Using
(9), we can describe a relationship between V; and
Ve by the equation Vc ¥ .My Vet |, which gives
the upper bound for V;:

I ..y 1V, 13t

Vi

Note that the viewer at position V. will not be able

to catch up with aviewer at position V;, where V; >
V; for Vi 2 %; V. BS The furthest position V; with
which the viewer at position V; is able to catch up is
V;, as given by (13). Fig. 5b illustrates the region
where a hit,, is ensured for V; V:i. Therefore, we
have a second equation for unconditioning on V;.
The first term below corresponds to one casewhere
Vi V;. The second term corresponds to the case
where Vi<V; V.2, and the event hit, is

ensured for the duration 0to .\ y V¢t

Pp.hit wjF F; Vet

Vi
P.hitjFF; Ve Vs 1P .\ TdV;
Vv w) (Y t TdVf 14t
vetBZ vy vt
¥ f.xtdxP.V; tdV:
ViV, O
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Fig. 6. A hit in another partitions (hit,). (a) A complete hit! and (b) a partial hit!.

Again, we use the assumption made in CaseA, that
is, P.\4 Tis equal to gi-.

2. Unconditioning on V.. As long as \; f 2 is smaller
than V;, a viewer at position V. would be able to
catch up with aviewer at all possible positions of V
in the same partition. Otherwise, the farthest
possible position of V¢ will be at \; (refer to
Fig. 5b). Here, we also uncondition on V. based on
the two casesused for unconditioning on V;.

Case A. Vet 8 Vi (or Vo< 1y B, using (13)),

we have:
P,.hit W jFF 1~ Pa.hit wjFF; Vet P\ AV:
(VAN
.15t
Here, the only unknown is P.\f, which is the

probability that a viewer is at the V¢th minute of the
movie. Since a viewer can be at any position of the
movie, we assume that P.V 1" Tl In other words,
we assume that all positions of the movie have an
equal probability of being viewed.

As V. is always smaller than or equal to V%, in the
second case, we have the farthest V; to which a
viewer at position V, can catch up equal to V. In this
case,we uncondition as follows:

CaseB (V. Vs and Vi ™ V; (or V. V; which
gives V. |)). Therefore, unconditioning on
where |y BT< V. | gives the following equation
for Pp.hitjFFT, where P.\ T is equal to %, as in
Case A.

Z,
Pp.hit W jFF T~ . Pp.hit WjFF; Ve TP VT AV
Vet Iy B

.16t

Hence, given that the VCR request is a FF, the
probability of a hit within the same partition,
P.hitjFF 1, is obtained by summing up the two
expressionsin (15) and (16).

4.1.2 Jump to Other Partitions (hit )

Beside the possibility of being able to resume in his own
partition, aviewer canalsoresumein another partition such
that the I/O resourcesallocated in Phasel for serving his/
her VCR request can be released. We refer to this event asa
hit .. As illustrated in Fig. 6, if a viewer is to resume at the
ith partition ahead of its current position, then he/she must
fast forward long enough to at least catch up with the last

possible viewer in the ith partition ahead, namely, at
position V. Let us denote by V4, the position of the first
possible viewer in the ith partition, then the event hit, can
be divided into two cases,namely, the completehit! and the
partial hit!. As illustrated in Fig. 6a, a complete hit! is an
event corresponding to a viewer being able to catch up not
only to the viewer at position V,; but alsoto the first possible
viewer, i.e., viewer at position V4,. Fig. 6b depicts the event
of apartial hit!, which illustrates aviewer who is not able to
catch up with the viewer at position V;, before the movie
ends. Sincethe movie is started every L minutes, viewers at
the same relative position in different partitions have a
phase difference which is a multiple of 'ﬁ e.g., viewers at
position V; and V; have a phase difference of i r'1— minutes.
Let us denote the shortest and longest duration a viewer
must fast forward to have a hity by i, and o
respectively. To make our derivation consistentwith that of
P .hit, T, we expressthesetwo quantities in terms of V; and
V, as follows:
R NN | .\, . B
Vi ¥y Ve Hi \ AN H; A7t

i
jump

Vi ¥ Ve 'ﬁ:z Vi § Ve .18t

i
jump

The probability of a hit, at the ith partition ahead, denoted
by P.hit!t, is shown below.

Case 1. The ability to catch up with both viewers at
position V;, and V4, (a complete hit!). In this case,a viewer at
position V; is able to catch up with viewers at both, position
Vi, and V, in the ith partition ahead:

z
Pe.hit jJFF; Ve, Ve t°

1
jump ¢

f.x1dx; .19t

I
jump

where the upper and lower limit of the integral are derived
basedon (9), (17), and (18).

Case 2. The ability to catch up with a viewer at position
Vi, but not all at the ith partition (a partial hitl). In
boundary cases,a viewer at position V; may not be able to
catch up with all viewers between position V; and V..
However, aslong as the viewer is able to catch up with a
viewer at position Vj,, we will classify this event as a partial
hitg. As before, we define V;, to be the position of the last
viewer in the ith partition with which a viewer at position
Ve can catch up. Constraining Vcf .My Vet | and
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A Ly Iy

Vi™ V¥ L results in W . Then, the probabil-

ity of a partial hit in this caseis:
Pp-hit JFF; Ve, Ve T°

My Y Vet
f.xtdx”

vy vt Z v,

f.xfdx * f . xtdx:

i i i
jump | jump | jump

.20t

Unconditioning on V;. When unconditioning on V;, we
consider a complete hit! and a partial hit! separately. For a
complete hit., we uncondition on V; using casesaand b asin

the derivation for event hit,. For eventhit‘o,vt - %
Z yze
Pi.hit jFF; V1" Pe.hit FF; Ve Vi 1P\ TdV ;.21
Vi™ Ve
Zy,

Po.hit JFF;Vt" Pe.hit jiFF; Ve Vi 1PV TdV
Vi™ Ve

.22t

Observe that a viewer at position V, can have a complete
hit ,, aswell as a partial hit,, depending on the value of V;.
Given aviewer at position V;, (22) gives the probability of a
Vi. But, Vi< Vs < Vo1 B can

also result in a partial hity; this is shown in (23) below.

complete hit, for V. W

Equation (24) corresponds to those viewers who can only

have a partial hit, for all values of V;, where the largest

e
with respectto V; is defined as Vi~ F ¥V ST

Z yzss
Ps.hit jFF; V1" Pp-hit jFF; Ve, Ve 1P\ TdVe; .23t
Vi™ Vi
. ZVtU X
Pa.hit JFF; V" Pp.hit jFF; Ve, Ve TPV TdVe .24
Vi™ Ve

Unconditioning on V.. The range of V. is calculated
using the same technique as in the hit,, caseto yield the
following four equations:

21y 5y o

Py.hit jFF 1" Pi.hit JFF; Vet P.\ctdV,; .25t
0
Z i

P,.hit jFF1° Po.hit jFF; Vet P . \TdVe; 261
Y &y

Ps.hit jFF1° Ps.hit JFF; Vet P\ TdVe .27+
Iy 8-y i
Z g e

Pa.hit JFF 1" Ps.hit JFF; Vet P.\ctdV,: .28t
ly L

Hence, the probability of resuming at the ith partition ahead
for a FFrequest, P.hit!jFF 1, is calculated by summing (25),
(26), (27), and (28):

) x4 )
P.hitliFFt~  Pa.hit jFFT.
al

291

The number of partitions to which a viewer at position V;
would be able to jump ahead, resulting in hit,, depends on
which partition this viewer is before the initiation of the FF,
e.g.,it would be impossible for a viewer in the last partition
of the movie to jump ahead to another partition. Also, the
existence of V; limits the number of partitions to which a
viewer canjump ahead.To find the range of i, we refer back
to (25), which indicates that the upper limit on V, namely,
Iy B?y "7 must be greater than or equal to 0. Therefore,

we have to satisfy the condition |y BTy "? 0. Rearran-
ging the equation, we have:
nliw tyl 30t

4.1.3 Fast-Forwarding to the End of a Movie

Recall that our goal is to maximize the probability that the
resourcesallocated for a VCR request will be releasedupon
resume to normal playback. Consider the case where a
viewer is at position V.. Then, the longest FF duration is
given by .My V.. As the pdf of a FFduration is defined in
the interval %;|Sthere is a nonzero probability that a viewer
issuing a FF request will fast-forward to the end of the
movie. In this case,the resources allocated to him/her in
Phase 1 can also be released. We define the probability of
fast forwarding beyond the end of a movie to be P.endt; it is
given by the following equation:

22,2,

P.endt” f.xtdx Tl (s)VA

I Ve

z,z, .31t

- f.xt dx}dvc:
0 IyVe |
Finally, P.hitjFF1, the probability of a hit given that the
VCR request is a FF operation is:

n.l%w bl c

P.hitjFFt~ P.hitjFFT$ P.hit jFFt1 P.endt

.32t

The first term of the RHS corresponds to the probability
of a hit within the same partition, i.e., the partition in
which the FF request was initiated, and the second term
corresponds to the total probability of hit in the ith
partition ahead, where i 1. We assume that the
probability of a hit in partition i, where i is less than
the current partition is defined to be zero. The last term
corresponds to the probability of a fast-forward to the
end of a movie. All three terms sum up to the probability
of releasing the I/O resource upon resume from a
FF request. For VCR requests like rewind and pause,
we derive P.hitjRWT and P.hitjPAUT in a manner
similar to the derivation of P.hitjFF 1. Due to limitation
of space, we do not repeat the derivations here. The
detailed derivations can be found in [16].



LEUNG ET AL.: USE OF ANALYTICAL PERFORMANCE MODELS FOR SYSTEM SIZING AND RESOURCE ALLOCATION IN INTERACTIVE... 11

4.1.4 The Expected Hit Probability P.hit T

Whenever a viewer issues a VCR request, there is some
probability that the request is of FF, RW, or PAU type; we
denote these probabilities by Pgg, Prw, and Ppau,
respectively. Note that the values of these probabilities
can be determined by measuring user behavior using
statistical techniques. Given these probabilities, we can
obtain the probability of a hit of a resume from a VCR
requestto normal operation, P .hit t, which canbe expressed
as follows:

P.hitt"
P.hitjFF1Pee + P.hitjRW 1Prw T P.hitjPAU tPpay:
.33t

The quantity, P.hitt, is a function of seven system
parameters. Specifically,

P.hitt™ .I;B;n;w;Rer;Rpg;Rrw T

Our goal is to determine the proper values of B (the total size
of buffer space needed for normal playback) and n (the
number of I/O streams needed for normal playback) such
that P.hit Tis greater than or equal to P , which is a given
design parameter. To determine the values of B and n, we use
the following two constraints: (C1)w ~ U'nLB,(C2) P P.hit 1.
The first constraint, .C1t, corresponds to the maximum

waiting time that aviewer might experiencebefore the movie
restarts. The secondconstraint, .C2t, ensuresthat the average
probability of a hit conforms to a specified probability P .
Substituting the system parameters into the two constraints
will yield two equations in two unknowns, namely, B and n.
By solving these two equations numerically, we can
determine the size of the system buffer, B, and the number
of I/O streams,n, which needto be preallocated for playback
of a popular movie in order to satisfy the performance (or
quality of service) requirements of P and w. Although the
above formulation only deals with a single movie, we will

show how to apply our model to handle multiple movies in
solving the system sizing problem in Section6.

4.2 Model Verificat ion

In this section, we verify our mathematical model using
simulation. We first describe the system parameters used in
this section. The arrivals of viewer requests for a popular
movie are modeled as a Poisson processwith arate . As
VCR requests are usually of relatively short duration as
simple casesfor illustration purposes, we use an exponen-
tial distribution and a skewed gamma distribution to
represent the duration of the VCR functions.

In the following examples, the rates of fast forward and
rewind, Rgg and Rgrw, are three times that of normal
playback, Rpg, and the movie length | is equal to
120 minutes. In the first three experiments, we simulate a
systemwith two types of requests,normal playback and one
of the VCR functions, namely, either fast forward with
viewing (FF), or rewind with viewing (RW), or pause
(PAU). In the last experiments, the requests can be of type
normal playback or any of the three VCR functions, where
the probability of a request for a VCR function r is equal to
Py, and r can be FF, RW, or PAU. In these experiments, we

vary both the arrival rate of requestsand the mix of FF,RW,
and PAU. Also, in eachexperiment, we vary the maximum
waiting time, w. The probability of a hit is plotted as a
function of the number of partitions, n, where each curve
corresponds to a specific value of the maximum waiting
time, w. The results obtained from our mathematical model
and from simulations are plotted in Figs. 7a, 7b, and 7c.
These figures illustrate both the theoretical and the
simulation results where the only type of a VCR request
issued is either FF,RW, and PAU, respectively. Resultsfor a
mix of all three VCR requests plus requests for normal
display are depicted in Fig. 7d. Thesefigures illustrate that
the theoretical results, for the most part, closely match the
simulation results, which verifies the acaracy of our
mathematical model.

5 RESOURCE ALLOCATION FOR VCR MoODE

In this section, we present the computation of resources
needed to handle VCR requests so as to satisfy the
performance level defined by (6) and (7). Notice that is
defined by , ,=m, and it denotes the fraction of time any
one of the reserved I/O resources is busy. Therefore, we
aim to decreasethe value of . Sincel)the total VCR arrival
rate to the system, ., is beyond our control (unlesswe want
to lower the quality of service) and 2) maximizing the
number of I/O resources for VCR functionality, m, is not
favorable becauseit implies a more expensive system; we
are going to reduce by minimizing . If we examine  in
(2), we seethat  is comprised of two components. The first
component cannot be reduced becauseit denotes the mean
time a viewer will spend in the fast forward, rewind, or
pause operation whenever the viewer issuesa VCR request,
which depends solely on the users' behavior. For the second
component, it denotes the expected time a viewer spends
holding onto additional resources,allocated to him when he
resumesto normal playback before he canrejoin an existing
partitions, if normal playback is expected to resume
immediately. Notice that this amount of time greatly
depends on how the system handles the fallen out viewers.
So, in devising methods for how to handle VCR requests,
we aim to implement a method which minimizes the value
of hog. In the remaining section, we will present two
schemesfor handling VCR requests, both of which ensure
that the resumption to normal playback from a VCR
operation is immediate and show the derivations of the
corresponding values of 4.

Scheme 1 (No merging). If a viewer cannot resume at
any of the existing partitions after a VCR request, i.e.,
resume with a miss, the system will not do anything to
facilitate the releaseof resources.In other words, for these
viewers to resume to normal playback without any delay,
they will have to continue utilizing 1/O resources(allocated
during the VCR phase) after the resume, until they finish
viewing the movie. Assume that each point of the movie
has an equal probability of being the point of resume, we
obtain the value of g by calculating the expected time to
hold on to the VCR resource when the viewer resumeswith
amiss. Thus, we have g~ |=2 and this value also serves

as an upper bound on gqg.
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Fig. 7. Comparing simulation and theoretical results for normal playback and various VCR requests wherein the interarrival times are exponential
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Fig. 8. Catch-up through adaptive piggybacking when the viewer resumes with a miss.

Scheme 2 (Merging through piggybacking and buffer-
ing). This schemeis to reduce the value of 14 by applying
the techniques of adaptive piggybacking and buffering. The
adaptivepiggybackingapproach [1], [10] alters display rates
of requests in progress for the purpose of merging their
respective I/O streamsinto asingle stream, which canserve
the entire group of merged requests. After two viewers are
3merged,® one of them can releasehis/her resources.Thus,
the idea is similar to that of batchingexceptthe grouping is
done dynamically while the displays are in progressso no
latency is experienced by the user.

Using adaptive piggybacking, we will alter the display
rate of the fallen out viewer such that this viewer can
eventually catch up with either the partition ahead or the
partition behind. In particular, the viewer will either slow
down to enable a catch-up by the partition behind or speed
up to catch up with the partition ahead, depending on
which partition he is closerto. In this case,the probability of
releasing the allocated VCR resources before the viewer
finishes the movie can be increased, thereby decreasing the
value of hoqg.

Fig. 8 illustrates two scenarios where the viewer
resuming with a miss at position V, of the movie and
consumes the content of the movie at altered rates as

compared to the viewers in the partitions, who are
consuming movie content at the normal rate. Let us denote
the normal rate of consumption by Rpg. Fig. 8a illustrates
that the fallen out viewer will speedup the consumption at
a rate of .11 fiRpg in order to catch up with the last
possible viewer, V,, in the partition ahead. Fig. 8b illustrates
that the viewer will be consuming the movie content at a
slower rate of .1y f {Rpg in order to enable a catch-up by
the first possible viewer, V, in the partition behind. In each
case,the elapsed movie time, Cq, until ajoin of the fallen out
viewer with either of the partitions can be accomplished
through adaptive piggybacking isfl , where s the initial
distance between V. and the target viewer.

Sincethe calculation of 1,04 depends on different values
of C; for viewers resuming at different positions of the
movie, it would be desirable to further reduce this quantity.
Thus, in addition to adaptive piggybacking, we can also
make use of the buffering technique to reduce the catch-up
time. The motivation here is that a viewer resuming with a
miss 2near® to an end of an existing partition, can reduce
his catch-up time by @bridging® the gap between him and
the partition through the use of additional buffer space,i.e.,
to mergewith that partition earlier. After the merge, the
allocated I/0O stream can be releasedsince the partition and
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the additional buffer space will now be treated as one
exterded partition. This additional buffer space can be
gradually released by continuing to apply adaptive piggy-
backing until the viewer can join in the original (i.e., rather
than the extended) partition. Furthermore, viewers resum-
ing with a miss afar® from the ends of the partitions can
perform adaptive piggybacking until they are 2close
enough® to the partition to utilize additional buffer space
in order to perform an early merge (as suggestedabove). In
this case,the catch-up time, or C;, can be further reduced
and by using buffering, the allocated I/O streams can be
released as soon as possible upon resume, thereby enhan-
cing the availability of I/O streams for other VCR requests.
The combined use of buffering and adaptive piggybacking
techniques is accomplished in the following manner.

We define a threshold of k minutes (ahead of behind a
partition) within which the use of buffering will enable a
merge with the partition. Also, adaptive piggybacking will
be used simultaneously to further facilitate the joining with
the partition. Thus, we divide the handling of resume with a
miss into two cases,namely, resume within the threshold k
and resume beyond that threshold.

Case A: Resuming within the threshold ( k). When
the viewer resumes with a miss at a position which is
within the k minute threshold ahead or behind a partition,
we will use  minutes of buffer spaceto join the viewer
with the existing partition. Since that viewer is now
consuming movie frames that have either not been fetched
yet into the buffer (in the caseof a resume within k minutes
aheadof a partition) or have been already replaced (in the
caseof a resume within k minutes behinda partition), we
will have to continue utilizing the 1/O stream until the
partition and the additional buffer space can be merged
together as a single extendedpartition. At this point, the
merge is said to be completed and the I1/O stream allocated
to the viewer can be released. Meanwhile, we will
1) continue performing adaptive piggybacking so the
viewer can continue to catch up with the original partition
and 2) releasethe additional buffer spacegradually.

If the viewer resumes at a point R that is  minutes in
front of a partition, he will continue to usethe allocated I/O
stream to fetch the movie frames, which will be retained in
the additional buffer space. The maximum size of the
additional buffer spaceis determined by  since the first
viewer in the partition behind takes  minutes to reach
point R. Similarly, the maximum size of additional buffer
space and the time needed to enable a merge for a viewer
resuming behind a partition is given by =11 f{minutes
as the viewer is adopting a slightly faster rate with respect
to the normal playback rate.

Given a viewer at position V. of the movie, the average
time to releasethe 1/0 stream for a resume ahead of the

&Ertition and aRLesume behind the partition is given by
-0 %5 and . r%s, respectively, where B is the

length of the gap between partitions. Therefore, to calculate

the average time to release the 1/0 stream, we further
uncondition by taking the probability of resuming at any
position of the movie to be equal to 1=I. Here, we separate
the calculation into two cases.The first casecorresponds to
a viewer resuming at a position which is  units behind a
partition, that is, this viewer will catch up with V, in the
partition ahead. Therefore, the average catch-up time is
given by:

n 1 1
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The first term corresponds to the average time to catch up
with the partition ahead when resuming at any position of
the movie from the Oth position to the |y ﬂifi k th
position. The secondterm is needed for handling boundary
case of resuming at any position within the range of the

1y nifi k th position to the end of the movie. Therefore,
the distance of the resuming viewer from the partition ahead
only rangesfrom 0to 'J’zi minutes.

The second casecorresponds to a viewer resuming at a
position of  units ahead of a partition. This viewer will
slow down the consumption to enable a catch-up by V; in
the partition behind. The average time to release the 1/O
stream is calculated in a similar manner and is given by:
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CaseB: Resuming beyond the threshold ( > k). When
the viewer resumes at a position which is more than
k minutes away from a partition, the viewer will perform
adaptive piggybacking [1], [10] until the separation distance
reduces to k minutes. At this point, we can handle the
situation as in previous cases.For resuming at a position
beyond the threshold, we consider the average time for
releasing the 1/0 stream through the following three cases:

Case 1: Catch up with V, in the partition ahead. The
viewer resuming at position V; of the movie will speed up
the consumption of movie frames at arate of .11 f 1Rpg to
catch up with the last viewer in the partition ahead. The
time elapsed before a merge can be accomplished is
... ¥ k1=f, which is the time needed to decrease the
distance between the viewer and the partition to k minutes.
At this point, k=.1% f more minutes are needed for the
merge to complete. This scenario is illustrated in Fig. 9.
Therefore, the total time, C;, needed to release the I/O
streamis given by ... ¥ kt=f ¥ k=.1% f . However, C; must
not be greater than the time for V; to finish the movie;
otherwise, it simply means that the viewer cannot release
the allocated I/O resource before finishing the movie. In
other words, C; must not be greater than .l.y V. In this
case,the following inequality must be satisfied:
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Fig. 9. Speed up to catch up V, until the distance between the two is
reduced to k.
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Case 2: Catch up with V; in the partition behind. The
viewer resuming at position V; of the movie will slow down
the consumption of movie content at arate of .1y f t{Rpg to
facilitate the catch-up by the first viewer, V4, in the partition
behind, asillustrated in Fig. 10.Using the same calculations
asin the above case,we can seethat the time elapsed before
a merge can be accomplished and must not be greater than
the time for V; to finish the movie, i.e.,

1
Sy KK 1Y Nyt

However, if the time taken to merge with the partition

behind is greater than that taken to finish the movie by V,

we cannot benefit from performing adaptive piggybacking.

Therefore, the following inequality has to be satisfied
instead:

Ny o L1

Iy Vv k 1yf— f: 371

Case3: Cannot catch up with either of partitions. In this

case,viewer V. cannot perform a merge before he finishes

the movie. Then, the time elapsed before the I/0 resources

can be released and is given by 1y V..
The average time to release a resources, given that the

viewer is at position V, of the movie, is computed using
(38). The first term below corresponds to the averagetime a
viewer takesto catch up with the partition ahead while the
second term below corresponds to the average time a
viewer takes to enable a catch-up by the first possible
viewer in the partition behind. In this equation, k; denotes
the largest distance from V, in the partition ahead where a
catch-up to the partition ahead can be accomplished before
the end of the movie and k, denotes the largest distance
from V; in the partition behind where a catch-up from
behind is still possible. The last term of the equation
corresponds to the average time spent to release an 1/0
resource when a viewer cannot perform adaptive piggy-
backing in order to enable a catch-up with either of the
partitions:

NO. XX, XXXXXXX 2001
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Fig. 10. Slow down to enable a catch-up by V; until the distance between

the two is reduced to k.
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To find the average time to release resources at any
position of the movie, we uncondition on V; in the three
casesas stated above, which corresponds to the three terms
given in (38). The range of \ is determined by the range of

. When the viewer resumesat a distance ofWéTB from either
of the partitions, i.e., half way between two partitions, it
takes the same amount of time for him to join either the
partition ahead or the one behind. In eachof the three cases,
we determine the range of V; by setting the inequality: %TB

to equality for Cases 1 and 2 using (36) and (37),
respectively.

For Case 1.
.. 1 .1 lyB .
For Case 2
.. .1 .1 1lyB .

Let us consider the unconditioning of V, in (38) term by

term.
Case 1. For V. 1, this corresponds to the viewer

resuming at the maximum distance of Wé?B from the end of
the partition where a merge with the partition ahead can
still be accomplished before the end of the movie. However,
for V. > 1, the maximum distance from the end of the
partition is given by (36). Thus, we have the following:
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Case 2. The equation given below is derived in the same
manner asin Casel with referenceto (37) and the range of
V. defined in (40):
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TABLE 2
Parameters of the Two Popular Movies for Simulation
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Case 3. The following equation is calculated with respect
to (34), (35), (41), and (42). Making use of the upper bound
of in eachequation and uncondition on the correspond-
ing values of V,, the averagetime to releasethe I/0O stream
when adaptive piggybacking cannot be performed to
facilitate the joining of partitions is given by the following
equation:
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Thus, the average time to release the 1/0 stream for
Case3is given by (43). The first two terms are derived with
reference to (41) and (42); the last two terms are derived

with reference to the second term in (34) and (35).
Therefore, the average time to release the I/O stream,
hold, iN this scheme,is given by the following equation:

hold - Tt Tk ¥ Tad ToF Ta: .44t

5.1 Verification

In the previous section, we have derived the equations for
calculating the value of g for Scheme2. These equations
help to calculate the overall time the viewers will hold on to
the 1/0 resourcesbefore they can join an existing partition.
In this section, we will verify our derivation using
simulation. We carry out our simulation using two popular
movies, 1 and 2, with movie length | being 60 and 90
minutes, respectively. We also set the maximum time that
the viewers can wait for the start of the movies, w to be 0:5
and 0.25minute, respectively. The duration of VCR requests
of movie 1 and 2 are drawn from an exponential
distribution with a mean equal to five minutes and
two minutes, respectively. Let the performance requirement
of P of each movie be equal to 0:5. We apply our
mathematical model to calculate the amount of buffer and
I/O resources for normal playback; these are summarized
in Table 2.

The arrival rate of viewers into system, ,is 15=min and
the simulation is run for 50,000viewers. The average time
for a fallen out viewer to hold on to the allocated resources,
(' nolg), is calculated for different values of the threshold k.
The respective values of pqqg Obtained by simulation and
through our derivation of both movies are plotted in Fig. 11.
From Fig. 11, we can seethat the calculated values of g
match closely the simulation results, which verifies our
derivation. Yet, the values of o Obtained from simulation
are smaller than the calculated counterparts, which can be
explained as follows: In our derivation, we try to calculate
the time taken for the viewers to join an existing partition.
However, in the simulation, there also exist other fallen out

Fig. 11. Simulated and calculated results of poq for different values of the threshold k. (a) Movie 1 and (b) movie 2.



16 IEEE TRANSACTIONS ON KNOWLEDGE AND DATA ENGINEERING, VOL. XXX, NO. XX, XXXXXXX 2001

Fig. 12. Calculating the resources for normal playback. (a) The relation between the probability of hit and number of /O streams required for normal
playback. (b) The relation between the cost of resources for normal playback and the probaility of a hit.

viewers trying to piggyback on an existing partition and
they may have already formed an extended partition. These
extended partitions reduce the time for other fallen out
viewers to join an existing partition, which explains why
our derivation slightly overestimates the values of 14 as
compared with the simulated values.

6 APPLICATIONS TO SYSTEM SIZING

Let us illustrate how we apply the mathematical model
described in Sections 4 and 5 to making system sizing
decisions. In determining the amount of resourcesrequired
for aVOD system, we divide the system resourcesinto two
categories. The first category of resources is for handling
normal playback and is calculated by applying the
mathematical model described in Section 4, while the
second category of resourcesis for servicing VCR requests
and is calculated by the model described in Section 5. Our
goal is to optimize the performance of a VOD system by
reducing the demand of system resourceswhile providing
an acceptablelevel of quality of service to the viewers. The
total system cost is determined by the amount of buffer
spaceand I/O streams (both for servicing normal and VCR
playbacks) needed to ensure a required level of perfor-
mance. Thus, the overall costof resourceswill be a function
of the costs for 1) memory buffers per minute of a movie
denoted by C, and 2) an I/O stream denoted by C,.
Although the two categories of resources serve different
purposes, the resources allocated for normal playback will
directly affect the amount of resources required for
handling VCR requests while the amount of resources for
servicing VCR requests will affect the QoS. Thus, in
calculating the system resourcesrequired for normal play-
back, we also consider the behavior of viewers in issuing
VCR requests. This is achieved by ensuring a minimum
probability of a hit, P : Whenever a viewer resumesfrom a
VCR request, we can ensure that the VCR resourceswill not
be consumed for normal playback with a probability greater
than or equal to .1y P t. Therefore, if we can design our
system such that the probability of a hit upon resume from
a VCR request is high, then the amount of resourceswhich
need to be reserved for serving VCR functions can be
reduced. If the probability of hit is very small, it is unlikely
that the viewer can release the I/O stream upon resume
until he finishes viewing the whole movie. However, to
ensure a high probability of a hit requires more resourcesto

be reserved for normal playback, which also implies a
higher system cost. Therefore, it is very important to
determine the optimal probability of a hit which will yield
a system with the lowest overall cost, but one that still
satisfies the required performance and quality of service
levels. In the remaining section, we will show how to
determine the cost of resourcesfor normal playback aswell
as those for servicing VCR requests.

6.1 Cost of Resource s for Normal Playbac k

For a movie of length | and a given maximum waiting time,
w, we can calculate the amount of resources needed for
normal playback asfollows: Using our mathematical model,
we calculate the corresponding hit probability for each
possible number of I1/0O streams needed for normal play-
back,n (where n™ 1;2;.. .'W). The respective buffer size, B,
for each n can be obtained by using (10). We can then
determine the cost of resourcesfor normal playback, Cpg,
for each .B;nt pair, by solving C,B t nC,, which on
rearranging gives Cpg ~ C,..B 1 nt,where' ~ g—: and can
be viewed as a price ratio of one minute of memory buffer
to one I/0 stream. For each possible .B; nt pair, there is a
corresponding probability of a hit, P , and cost, Cpg. We
express each possible configuration of resourcesfor normal
playback as a PB-tuple, which is in the form of
.B:n;P ;Cppt

6.1.1 Experiment 1

A movie is of length, 60 minutes, and the maximum time
a viewer is willing to wait before a movie starts is 30
seconds. Assume that the time a viewer spendsin a VCR
function follows an exponential distribution with the
mean equal to 1 minute of movie time. By applying our
mathematical model, the respective probability of a hit is
plotted in Fig. 12a. We also assume that a 2G-SCSldisk is
used in this experiment and that the cost of each disk is
around $700 and that its transfer rate is 5 MB/sec. The
data rate of an MPEG-2 stream is assumed to be 4 Mbps,
and the cost of 1 MB of main memory is $24. We

calculate C, and C, as follows: C," %Mbps $24° $720
and Cn " symypenerpamiss . 570 Given the above equa-

tions, we can see that the amount of buffer space
required to store one minute of an MPEG-2 movie is
approximately 10 times as expensive as one I/O stream,
ie., ' 10. The cost for normal playback is plotted in
Fig. 12b. From Fig. 12a, we can see that decreasing the
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Fig. 13. Cost of resources for servicing VCR requests.

number of partitions will increase the probability of a hit.
More buffer spaceis utilized to compensate for the saved
I/O streams, which means that a larger portion of the
movie will reside in the buffer space thereby increasing
the probability of a hit. However, we can seefrom Fig. 12b
that the cost of resourcesfor normal playback alsoincreases
with the probability of a hit. So,it may seemthat adopting a
lower probability of hit will yield a lower system cost. We
will show, in the next experiment, that this is not true
becausewe are trying to reduce the overall system cost. In
determining how much resources need to be allocated for
normal playback, we have to consider the overall system
cost to obtain the required P .

6.2 Cost of Resources for VCR Functions

As mentioned in Section 3.3, the provision of VCR
functionality should ensure the satisfaction of a certain
performance level, given by (6), (7), and (8). As in the
normal playback case,we express each possible configura-
tion of resourcesfor servicing VCR requestsasa VCR-tuple,
which is in the form of .By;m; ; vcr;1y P ;C,1, where
C, is the cost of resources needed for servicing VCR
requests.

6.2.1 Experiment 2

Consider the systemin Experiment 1. The system will make
use of adaptive piggybacking only to facilitate the joining of
fallen out viewers with existing partitions. In other words,

we will adopt Scheme?2 but set the threshold value k~ 0.
We also assumethat the average waiting time for servicing
any VCR request is less than three seconds. This perfor-
mance level is chosenbecausethe waiting time is a measure
that is noticeable to the viewers as compared to the queue
length and probability of waiting. The arrival rate of VCR
requests, , is assumed to be 200/min. For a movie of
60 minutes, the expected number of viewers in the systemis
900. Therefore, each viewer will, on average, issue a VCR
request once every 4:5min. We will show later in this
section the effect of altering VCR arrival rates. Fig. 13 shows
the relationship between the cost of resourcesfor servicing
VCR requests and the probability of a hit. From Fig. 13, we
can seethat the costof resourcesdecreaseswith the increase
of probability of a hit, which is opposite to the effect
observed in Fig. 12b. A lower probability of a hit will

increase the average time a viewer spendsin holding on to
the additional resources,which implies that more resources
are needed to be reserved for servicing VCR requests.
Therefore, in making system sizing decisions, we have to

Fig. 14. Total cost of the system.

consider both the cost of resourcesfor normal playback as
well asthe cost of resourcesfor servicing VCR requests (the
overall system cost) before we can determine how much
resources are to be allocated for normal playback and for
servicing VCR requests.

6.3 Overall System Cost

The overall system cost is calculated by summing up the
costof 1) resourcesfor normal playback and 2) resourcesfor
servicing VCR requests. Let us describe how to determine
the optimal system configuration by considering the overall
system cost. The overall system costs for a system using
Schemel and Scheme2 are compared. In addition, we also
show that our proposed mathematical model, together with
Scheme?2 adopted for servicing VCR requests, will yield a
lower cost as compared with systems using pure /O and
pure buffer space resources. Last, we describe how to
choose the right value of a hit probability, P and of the
threshold k.

Assume that we want to determine the amount of system
resourceswhich need to be allocated for a single movie, we
have to calculate the overall system cost in the following
manner:

Step 1. Generate all the PB-tuples by determining all the
possible configurations for normal playback by applying
the model presented in Section 4 and calculate the
respective hit probabilities and cost.

Step 2. Obtain g for each of the configurations
generated in Step 1 using (44). With reference to the hit
probability in each PB-tuple obtained in Step 1, we can
by (2). Then, we can determine a corresponding VCR-tuple
by applying the M =M=m queue model.

Step 3. For each pair of PB-tuple and VCR-tuple, obtain
the overall system cost, C, by summing up Cpg in the PB-
tuple and C, in the VCR-tuple.

Step 4. The optimal choice of system resourcesallocation
is the tuple pair with the lowest cost.

6.3.1 Experiment 3

Consider the systemin Experiment 1 and 2. The total cost of
the system is plotted against the number of I/O streams
needed for normal playback and is shown in Fig. 14.In this
figure, we can see that the overall cost of the system
decreasesinitially for the smaller number of I/O streams
and increasestoward the larger number of I/O streams.The
system yields the lowest cost when the number of I/O
streams for normal playback lies within the range of
20y 30. With reference to Fig. 12a,the probability of a hit
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lies approximately within the range of 0:75y 0:85. This
illustrates that in determining the proper amount of
resources to be allocated for normal playback, we should
also consider the cost of resources for VCR requests. The
allocation of corresponding resourcesshould yield a system
with the lowest cost while satisfying a predefined perfor-
mance level.

6.4 Comparison of Different Schemes

Let us now demonstrate the effectiveness of our approach
by running several experiments to determine the overall
system cost. First, we incorporate Schemel and Scheme?2
into our normal playback model, where their total system
costis plotted against different arrival ratesof VCR requests
while other parameters remain the same asthose described
in the previous experiments. Second,we examine two other
systems, namely, a system using only /O streams for
normal playback (referred to as pure /O hereafter) and a
system using only buffer space for normal playback
(referred to as pure buffer hereafter). These are the two
extreme caseswhere only I/O streams or only memory
buffers are used for normal playback. We aim to show that
a proper balance between I/O and memory resource will
yield a system with a lower cost.

6.4.1 Experiment 4

In this experiment, we determine the overall system cost of
each scheme for different arrival rates of VCR requests,
ranging from very low arrival rates to very high arrival

rates. We assumethat the arrival rate of a normal playback
requestis 15=min, sothat the expected number of viewers in
the system is given by 15 60~ 900 We plot the overall
system cost of each scheme against the number of I/O

streams needed for normal playback with the average VCR
arrival rates  of 15=min, 100=min, 200=min, and 400=min in
Figs. 15a, 15b, 15c, and 15d, respectively. From these
figures, we can seethat different arrival rates will yield a
system with the lowest cost occurring at different positions
on the cost curve. For Schemel, except for very low VCR
arrival rates, the minimum cost is always located at the
smallest value of 1/O streams, that is, with the largest
amount of buffer space for normal playback. This can be
explained as follows: Recall that nhgq for Scheme1l is
which is 30 minutes in this case.That is to say, if the mean
time for a fallen out viewer to hold on to the additionally

allocated resource is large, more resources need to be
reserved for servicing VCR requestsand handling the fallen
out viewers. This amount of resourcesbecomesso large that
it is more beneficial to allocate more buffer spacefor normal
playback, such that the probability of a hit can be increased.
By increasing the probability of a hit, the mean time a
viewer spends in utilizing the additional resources can be
reduced, and we can make sure that the reserved resources
are used for servicing VCR requests rather than servicing
the normal playback of the fallen out viewers. The same
rational applies to Scheme?2 when the VCR arrival rate is
very high. On the contrary, for low VCR arrival rates in
Scheme2, the lowest costis located at the largest value of I/

O streams, that is, when the least amount of buffer spaceis
used for normal playback. A low arrival rate of VCR
requests means that not many viewers will be issuing VCR

requests. Even if the viewers fall out of a partition upon
resume, Scheme2 can facilitate the joining of these viewers
with existing partitions and, in turn, the releaseof allocated
resources in a very short time. Therefore, only a small
amount of resourcesis needed for servicing VCR requests
and handling the fallen out viewers. In this case,using a
large amount of buffer spacefor normal playback to ensure
a larger probability of a hit is not beneficial.

When we compare Schemel and Scheme2, we canseethat
Scheme?2 always outperforms Schemel in the sensethat the
minimum cost for a system using Scheme2 is more smaller
than that of asystemusing Schemel. To further demonstrate
the effectivenessof Scheme2, we plot the percentageof total
system cost saved by using Scheme2 as compared to using
Scheme 1. The percentage saved through Scheme 2 for
different arrival rates, as shown in Fig. 16 is calculated by
comparing the minimum overall cost in each of the two
schemes,with referenceto Schemel. The percentage saved
by Scheme2 ascompared to Schemel rangesapproximately
from 13 percentto ashigh as70 percent.

6.4.2 Experiment 5

In this experiment, we compare the overall system cost of
our proposed system with that of pure I/O and pure buffer.
We assumethat the arrival rate of normal playback requests
is 15=min, thus, a total of 9001/0O streams are needed for
normal playback in the pure I/O case.The rate of fast-
forward or rewind is assumed to be three times faster than
that of normal playback. The percentage of system cost
saved by Scheme 2 for the case where the total cost is
dependent on the VCR requests arrival rate is plotted
against the different VCR requests arrival rates and is
shown in Fig. 17a,while the independent caseis plotted in
Fig. 17b. The percentage saved is determined by the
difference between the minimum cost of Scheme2 and that
of the pure 1/0 and the pure buffer schemes.

As shown in Fig. 17a,the cost curve decreasesrapidly as
the VCR arrival rate increasesand nearly levels off for very
high VCR arrival rates. Scheme2 outperforms the pure 1/O
method by at least approximately 21 percent and can
outperform it by as high as 83 percent. Scheme 2 can also
outperform the pure buffer schemeby upto 75percentfor low
to moderate VCR arrival rates, although beyond a VCR
arrival rate of around 220=min, pure buffer has a lower cost
than Scheme 2, which is demonstrated by a negative
percentage in the graph. As for the independent case
illustrated in Fig. 17b, the cost curves also decreaserapidly
at first from around 80 percent until the VCR arrival rate
reachesaround 200=min, after which the decreaseis slowed
down. In contrastwith the dependent case both the pure I/O
and the pure buffer method perform better than Scheme?2
when the VCR arrival rate increasesbeyond a certain point.
The percentage saved becomes negative when the VCR
arrival rate increasesto around 200=min and 290=min for
pure buffer and pure 1/O, respectively. Furthermore, instead
of leveling off as in the dependent case, the negative
percentagecontinues to drop for very high VCR arrival rates
becausewhen the VCR arrival rate increases,more and more
resourcesare neededin Scheme2, which meansthe costalso
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Fig. 15. Total cost of system for Scheme 1 and Scheme 2 for different VCR arrival rates. (a) Averagearrival rate of VCR requests” 15=min.
(b) Averagearrival rate of VCR requests” 100=min. (c) Averagearrival rate of VCR requests” 200=min.
(d) Averagearrival rate of VCR requests” 400=min.

increases. On the other hand, since the cost of pure I/0O  the same graphs for two more system settings, where the
and pure buffer is independent of the VCR arrival rate,
this means that their cost is fixed, thereby resulting in the
continuous decreasein the percentage saved. We also plot  Figs. 18 and 19, respectively. From thesefigures, we can see

movie is of length 90 min and 120min ; these are shown in
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Fig. 16. Percentage of system cost saved by Scheme 2 as compared to
Scheme 1.

that the percentage saved by Scheme 2 becomes more

significant asthe movie length increases.
The percentage saved by Scheme?2 is more significant at

lower VCR arrival rates becausefor systemsusing pure 1/O

or pure buffer method, the cost is dominated by the
resources allocated for normal playback. However, as the
VCR arrival rate increases, the requirement of VCR /O
resources becomes larger and larger, until it becomesthe
dominant factor in the caseof Scheme2. In spite of that, we
can claim that Scheme2 outperforms the pure 1/O and pure
buffer methods in a VOD system. This can be explained as
follows: Consider the movie of length 60min and the
range of VCR arrival rates where the percentage saved by
Scheme 2 is positive, i.e., at most 200=min, where the
expected number of viewers in the system is 900 in this
example. That means that approximately %1 of the viewers
are doing VCR functions per minute or the viewers are
issuing VCR requests once every 4.5 minutes on the
average, and this is a very high VCR rate for viewing
movies. In a VOD system, relatively less time will be
spent in doing VCR functions as compared with normal
playback. For a movie of length 60 minutes, we expect

Fig. 17. Percentage of system cost saved by Scheme 2 over pure 1/O and pure buffer. (a) VCR arrival rate dependant and (b) VCR arrival rate

independent.

Fig. 18. Percentage of system cost saved by Scheme 2 as compared to pure I/O and pure buffer for a movie of length of 90 min . (a) VCR arrival rate

dependent and (b) VCR arrival rate independent.

Fig. 19. Percentage of system cost saved by Scheme 2 over pure I/O and pure buffer for a movie of length of 120min. (a) VCR arrival rate

dependent and (b) VCR arrival rate independent.
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Fig. 20. Total system cost for different values of k. (a) VCR arrival rate © 15=min. (b) VCR arrival rate ©~ 100=min. (c) VCR arrival rate © 200=min.

(d) VCR arrival rate © 400=min.

the range of VCR arrival rates to be far less that 200=min.
In this region, we can have a substantial reduction in the
cost of resources by using Scheme 2. In addition, the
percentage saved as compared to the pure /0O method is
greater than the percentage saved as compared to the
pure buffer method, which means that the cost of using
pure buffer is lower than that of using pure 1/O. This is
mainly due to the fact that the cost of the pure 1/O
method will depend on the arrival rate of normal
playback requests, whereas that of pure buffer is fixed
for any arrival rate. As both the pure 1/O and the pure
buffer method require the same amount of VCR resources
(since they have the same  in the dependent case),the
main difference lies only in the cost of normal playback
resources. Therefore, the pure 1/O method will have a
lower cost than the pure buffer method for smaller values
of arrival rates.

6.4.3 Experiment 6 (Different Values
of Threshold Buffer k)

As mentioned before, the use of additional buffers can
further facilitate the joining of the fallen out viewer with
existing partitions. In this experiment, we plot the overall
system cost against different values of k for different arrival
rates, as depicted in Fig. 20. For different values of k, we
determine the corresponding values of o4 and calculate
the lowest cost of supporting such a system. We plot the
total costof the systemwith different values of k by varying
the VCR arrival rate. In this figure, we can see that the
minimum point of the cost curve occurs at different values
of k for different values of VCR arrival rates. For smaller
VCR arrival rates, the minimum cost occurs at the smallest
k. When VCR arrival rate increases,the minimum cost shifts

to larger values of k. For large VCR arrival rates, the
minimum cost occurs at the largest k. This means that the
use of more buffer spaceis beneficial when the VCR arrival

rate is high. The use of buffer spacehasreduced the time for
the viewers to join an existing partition, which implies that
fewer 1/0O streams are needed for servicing VCR requests.
For a system with very high VCR arrival rates, we can
anticipate that a large amount of /O streamsare needed for
handling VCR requests. Although the use of additional

buffer spacewill impose more cost on the VCR resources,
this cost can be compensated by the reduction in I/O

streams. This reduction becomesvery significant when the
VCR arrival rate is high. On the other hand, if the VCR
arrival rate is small, only a small amount of additional 1/0

streams are needed. Thus, the use of additional buffer space
cannot be compensated for by the cost of the /O streams
saved. Therefore, for systemswith small VCR arrival rates,
using only I/O streamsfor servicing VCR requestscan yield

a lower cost.

6.4.4 Experiment 7: Different Values
of Memory-l/O Cost Ratio, ' .

In the previous experiments, we have assumed that the cost
of memory buffers per minute of a movie is approximately
10 times that of one I/O stream needed to retrieve that
movie from the disk subsystem. However, as technological
changesoccur, the cost of memory may decreasefaster (or
slower) than the costof I/O bandwidth; thus, the minimum
cost might occur at other positions on the cost curve, as
illustrated in Fig. 21. In this experiment, we vary ' as
follows: 3;8;10, and 11 Figs. 21a and 21b illustrate the
situation where the cost of the memory decreasesfaster
than the costof /O bandwidth while Fig. 21dillustrates the
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Fig. 21. Overall system cost versus the number of I/O streams for different values of ' . (a) '

situation where the cost of I/O bandwidth decreasesfaster
than the cost of memory. As we can seefrom the graph, the
minimum cost tends to shift to the right as' increases,i.e.,
more /O streams should be used instead of memory
buffers for large values of ', but more memory buffers
should be used for smaller values of ' . Smaller values of '

indicate that the use of more buffer spacecan increase the
probability of a hit and, consequently, causesa reduction in
the amount of VCR resourcesto be reserved. Recall that, in
normal playback, we are using w minutes of buffer spaceas
a trade-off for one I/O stream, therefore, the decreaseof '

simply meansthat we can trade-off one I/O stream with an
even lower cost. Therefore, in choosing an optimal system
configuration, our model aids system designers in making
proper systemsizing decisions and, at the sametime, allows
them to meet the performance requirements.

7 CONCLUSIONS

Determining the proper amount of resourcesto be allocated
is crucial for optimizing the performance of VOD systems
so asto maintain the benefits of data sharing techniques. In
this paper, we choosespecific combinations of data sharing
techniques (e.g, batching with static partitioning) which
result in a reasonably representative of data sharing
scheme. We then present our mathematical model so as to
illustrate how we can perform system sizing. The mathe-
matical model we present can help designers to perform
efficient resource management and system sizing for alarge
scale VOD system. Although the amount of resources
needed will also depend on the arrival rate of normal
playback requests and the arrival rate of VCR requests, our
mathematical model is general enough so that it can be
applied in solving the system sizing problem. The amount
of resources calculated ensures that the service to be
provided satisfies a given performance level, such as

~ 3, () " 8 () "~ 10 and(d)' ~ 1L

ensuring that the maximum waiting time for starting or
resuming the movie is within the viewers' tolerance level.
Furthermore, we use our model in determining the optimal
distribution of resources for normal playback and servicing
of VCR requests, so asto reduce the overall system cost. We
show, through experiments, that different arrival rates of
VCR requests will affect the overall costsand the distribu-
tion of resources for servicing normal playback requests
and VCR requests. Using the mathematical model we
proposed, system designers can make proper system sizing
and resource distribution decisions. Our future research
work includes extending the proposed mathematical model
to encompass other data sharing and VCR functionality
schemes.For instance, one promising direction seemsto be
the possibility of including, in the mode] schemes which
utilize client-side resources to improve overall system
performance, e.g., such as buffering of video data at the
client's set-top box for provision of VCR functions (as
proposed in [2]).
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